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The recent synthesis of a new polymorph of two-dimensional (2D) germanium monochalcogenides, namely,
γ -GeSe with a four-atomic-layer-thick hexagonal lattice, has received considerable attention due to its novel
properties and potential applications. This exciting advancement paves the path for extensive experimental and
theoretical investigations on the family of γ -MX crystals in which M and X are elements of group IV and
VI, respectively. In this regard, herein we conduct first-principles-based calculations to explore the structural,
vibrational, mechanical, electronic, and piezoelectric properties of γ -GeX and Janus γ -Ge2XX ′ (X/X ′ : S,
Se, and Te) monolayers. We performed a detailed analysis of the suggested systems’ dynamical, thermal,
and mechanical stability through phonon-band-dispersion calculations, ab initio molecular dynamics (AIMD)
simulations, and elastic tensor analyses, respectively, and all six possible nanosheets are found to be stable.
The computed Raman spectra of the monolayers reveal that, different from binary systems, the formation of
Janus monolayers results in the appearance of additional Raman active modes. The mechanical response of
the proposed crystals is examined by calculating in-plane stiffness (Y2D) and the Poisson’s ratio (ν) within
the elastic regime, and the obtained results ascertain their flexibility. It is found that similar to their binary
counterparts, Janus monolayers are indirect-band-gap semiconductors, and their valence-band maxima show a
Mexican hat dispersion along the high-symmetry points of the Brillouin zone. Additionally, it is demonstrated
that the construction of Janus crystals enhances the piezoelectric coefficients of γ -GeX monolayers, both in the
in-plane and out-of-plane directions. Our findings not only provide a comprehensive insight into physical and
electronic properties of γ -GeX and γ -Ge2XX ′ monolayers but also reveal their promising features for various
nanoelectronic and nanoelectrochemical applications.
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I. INTRODUCTION

Two-dimensional (2D) materials, the study of which was
boosted after the successful isolation of single-layer (SL)
graphene [1], have attracted intense research interest due to
their remarkable physical properties and potential applications
in advanced devices [2–4]. The quantum confinement enables
2D materials to offer alternative features and new function-
alities, unprecedented in their bulk counterparts, promising
for applications in current and prospective nanodevices [5].
Recently, phosphorene, a monolayer or multiple layers of
black phosphorus (BP), has attracted tremendous attention
due to its remarkable properties, such as an inherent direct
band gap in monolayer form and high carrier mobility, which
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make it a useful material in various applications [6,7]. The
puckered crystalline form of phosphorene has been synthe-
sized through various techniques, including plasma thinning
after mechanical cleavage [8] and liquid exfoliation [9].
Consecutive to its synthesis, isostructural and isoelectronic
counterparts of phosphorene such as GeS, GeSe, and GeTe
have been a focus of application for thermoelectric devices
[10–12]. Lately, GeS nanosheets have been synthesized using
vapor deposition or the one-pot strategy, offering the possibil-
ity of exfoliating bulk GeS into the monolayer form [13,14].
The symmetry of the fabricated crystal is referred to as α

phase, which is the conventional crystalline form of group-IV
monochalcogenides [15,16]. Following this progress, vari-
ous synthesizing techniques were also demonstrated for 2D
α-GeX crystals [17,18]. In addition to experimental studies,
theoretical calculations have predicted significant electron
mobility of α-GeS (∼ 3680 cm2 V−1 s−1), which is larger
than that of MoS2 monolayer [19]. Moreover, the GeSe mono-
layer, a member of the α-GeX family, has drawn significant
interest due to its low thermal conductivity and strong visible-
light absorption [20,21]. Zhang et al. reported that in the
α-GeTe monolayer, the value of figure of merit can reach
to 4.23 at 900 K, which is much larger than its bulk coun-
terpart [22]. It is known that the physical properties of 2D
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materials with the same chemical formula but different atomic
arrangements (polymorphs) can vary significantly from each
other [23–25]. Recently, a new configuration of 2D group-
IV monochalcogenides, namely, γ -MX with an unusual band
inversion (Mexican-hat dispersion), has been theoretically
proposed by using the density-functional theory (DFT) cal-
culations [26]. Following that, a member of the MX family,
γ -GeSe, has been successfully synthesized by chemical vapor
deposition on the h-BN substrate [27]. In addition to γ -GeSe,
very recently, a Si-based member of γ -MX (γ -SiTe) has been
successfully fabricated and shown to be a semiconductor [28].
Moreover, theoretical investigations have reported that in γ -
GeX (X : S, Se, and Te) monolayers, the energy band gaps and
valley positions, as well as optical absorption peaks, can be
modified with strain engineering [29].

In line with ongoing efforts on exploring new 2D materials,
the formation of ternary (Janus) configurations from binary
crystals has been proposed following the recent synthesis of
Janus MoSSe [30,31]. In these materials, the symmetry of
structures is lowered by substituting all atoms at one layer
of their binary counterpart with a different atom in the same
group [32,33]. As two surfaces of these crystals possess differ-
ent properties, Janus monolayers can exhibit superior physical
properties concerning the prior structure [34,35]. It has been
shown that in the MoSSe monolayer, broken structural sym-
metry can lead to distinct features such as large Rashba spin
splitting and nonzero out-of-plane piezoelectricity [35,36]. In
other studies it was reported that upon the formation of Janus
monolayers, additional peaks appear in the Raman spectrum
[37,38]. To date, the investigations of the MX family are
mainly concentrated on conventional phases of germanium
monochalcogenides, and a comprehensive study focusing on
newly realized γ -GeX crystals and their Janus counterparts
has not been performed. With this motivation, in the present
study we systematically studied the structural, vibrational,
mechanical, electronic, and piezoelectric properties of binary
γ -GeX and ternary γ -Ge2XX ′ (X/X ′ : S, Se, and Te) mono-
layers. In the first part, the ground-state configurations of the
γ -GeX and γ -Ge2XX ′ monolayers are obtained, and the rele-
vant structural parameters and cohesive energies are reported.
Next, the stability of the proposed systems is tested from the
dynamical and thermal aspects based on phonon dispersion
and ab initio molecular dynamics (AIMD) simulations, re-
spectively. The vibrational properties are investigated, and the
corresponding Raman spectra and atomic displacements of
the optical phonon modes are presented. Then the mechanical
response in the elastic regime and the electronic properties are
examined. Finally, the piezoelectric response is studied, and
computed piezoelectric coefficients are obtained.

II. METHODOLOGY

In this study, all first-principles calculations were per-
formed within the framework of density functional theory
(DFT) [39,40] using the Vienna Ab initio Simulation Package
(VASP) [41–44]. The projector augmented wave [45] method
was employed to describe the electron-ion interaction. The
exchange-correlation potential was treated by the general-
ized gradient approximation (GGA) with the Perdew, Burke,
and Ernzerhof (PBE) [46] functional. For the calculation of

electronic band structures, spin-orbit coupling (SOC) was also
taken into account [47]. In addition, the hybrid functional of
Heyd-Scuseria-Ernzerhof (HSE06) was employed with SOC
to obtain more accurate energy band gaps [48,49]. The HSE06
functional was developed by combining 25% of nonlocal Fock
exchange with 75% of PBE exchange and 100% of PBE
correlation energy and screening length of λ = 0.2 Å−1. The
value of the kinetic-energy cut-off for the plane-wave basis set
in all calculations was taken as h̄2 | k + G |2/2m = 520 eV,
and the total energy was minimized until its variation in the se-
quential steps became 10−5 eV. During structural optimization
(ionic positions and lattice constants), the maximum allowed
Hellmann-Feynman forces were reduced to 0.01 eV/Å, and
the maximum pressure on the unit cell was less than 1 kbar.
To hinder any spurious (unphysical) interaction in the non-
periodic direction, a vacuum layer of ∼15 Å was used. For
structural relaxation, the Brillouin zone (BZ) integration was
carried out on a �-centered 16 × 16 × 1 uniform k-point
mesh obtained within the Monkhorst-Pack scheme [50]. The
phonon band dispersions were calculated for 4 × 4 × 1 su-
percells within GGA using the small-displacement method
as implemented in the PHONOPY code [51]. To investigate
the thermal stability, AIMD simulations were performed by
using a microcanonical ensemble at constant temperatures
(300 and 600 K) with a total simulation time of 10 ps and
1 fs time step. The vibrational frequencies and their corre-
sponding off-resonant zone-centered Raman activities were
calculated using the finite displacement approach. For this
purpose, initially, each atom in the primitive cell was distorted
by 0.01 Å, and the correlated dynamical matrix was com-
puted. Following that, the vibrational modes were determined
by directly diagonalizing the dynamical matrix. The Raman
activity of each phonon mode was estimated by deriving the
macroscopic dielectric tensor at the � point using the small
difference approach. The Raman spectra were generated using
a suitable Gaussian broadening acquired from the results of
Raman calculations [34]. Additionally, both elastic constants
and piezoelectric coefficient tensors were calculated using
density functional perturbation theory (DFPT) with a suffi-
ciently large k-point sampling and cutoff energy of 700 eV.
To analyze the net charge on atoms and understand the bond
characteristics of the examined monolayers, the Bader tech-
nique was employed [52].

III. RESULTS AND DISCUSSION

A. Atomic structure and energetics

In accordance with the geometry of synthesized 2D crys-
tals of γ -GeSe and γ -SiTe, we first started with the structural
optimization of binary γ -GeX (X = S, Se, and Te) monolayers.
The crystals possess a hexagonal lattice with the symmetry
of D3d and space group of P3m1 (No. 164). The schematic
representation of the γ -GeX monolayers is demonstrated in
Figs. 1(a) and 1(b). The primitive cell of the nanosheets
contains four sublayers (X − Ge − Ge−X) which are held
together with strong covalent bonding. The single layers (SLs)
of γ -GeX hold an inversion symmetry in which the symmetry
plane lies on the horizontal plane between two Ge atoms.
As given in Table I, for the γ -GeS, γ -GeSe, and γ -GeTe
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FIG. 1. For γ -GeX and γ -Ge2XX ′ monolayers, (a, c) top, (b, d) side views of the crystal structures, respectively, and (e, f) the corresponding
total charge distribution profile of the binary and ternary systems, respectively. The charge profile is represented by a color scheme with linear
scaling from blue (lowest) to red (highest). The relevant geometrical parameters are labeled.

nanosheets, the optimized lattice constants (a=b) are calcu-
lated to be 3.65, 3.81, and 4.06 Å, respectively, which are in
good agreement with the reported values of previous studies
[29]. The computed structural properties of binary γ -GeX
monolayers, such as in-plane lattice constants, bond length
between the atoms, and the thickness (h) of the structures
(which is defined as normal distance between the boundary
chalcogen atoms), enlarges with the atomic radius of chalco-
gen atoms. Once the binary γ -GeX systems are obtained,
ternary γ -Ge2XX ′ monolayers are constructed by replacing
one of the X layers with a different chalcogen (X ′) atom. In
the present study, the ingredient of the top atomic layer is the
light chalcogen atom (X), while the heavier chalcogen element
(X ′) makes up the bottom layer. Top and side views of the
crystal structure of the γ -Ge2XX ′ monolayers are illustrated

in Figs. 1(c) and 1(d), respectively. In the Janus structures, the
two Ge atoms are sandwiched between upper chalcogenide
X and bottom chalcogen X ′ atoms. Taking into account the
broken inversion symmetry in z direction, the lattice constants
(a, b) are independently relaxed but found to be equal. This
indicates that the hexagonal lattice is also conserved in ternary
systems; however, their symmetry is changed to C3v and space
group of P3m1 (No. 156). The structural properties of the
Janus γ -Ge2XX ′ crystals are also summarized in Table I.
The calculated lattice parameters (a=b) of ternary germanium
monochalcogenides are 3.73, 3.87, and 3.94 Å for γ -Ge2SSe,
γ -Ge2STe, and γ -Ge2SeTe, respectively. Similar to the binary
crystals, a increases while going down the chalcogen group.
It is found that the lattice constants of Ge2XX ′ nanosheets
are larger (smaller) than those of GeX(GeX ′) structures. As a

TABLE I. For monolayers of γ -GeX and γ -Ge2XX′, we present the optimized lattice constants, a and b; atomic bond lengths, dGe−X ,
dGe−X ′ , and dGe−Ge; thickness, h; average charge transfer from Ge to X, �ρ(Ge−X ) and Ge to X′, �ρ(Ge−X ′ ); calculated work functions for two
different surfaces and their differences, 	X , 	X ′ , and �	, and the cohesive energy per atom, EC .

Crystal a b dGe−X dGe−X ′ dGe−Ge h �ρ(Ge−X ) �ρ(Ge−X ′ ) 	X 	X ′ �	 EC

structure (Å) (Å) (Å) (Å) (Å) (Å) (e−) (e−) (eV) (eV) (eV) (eV/atom)

γ -GeS 3.65 3.65 2.45 2.45 2.96 4.57 0.69 0.69 4.81 4.81 0.00 3.68
γ -GeSe 3.81 3.81 2.58 2.58 2.98 4.73 0.53 0.53 4.55 4.55 0.00 3.42
γ -GeTe 4.06 4.06 2.78 2.78 3.02 4.90 0.30 0.30 4.26 4.26 0.00 3.14
γ -Ge2SSe 3.73 3.73 2.47 2.56 2.97 4.63 0.69 0.52 5.02 4.54 0.48 3.55
γ -Ge2STe 3.87 3.87 2.50 2.73 3.01 4.73 0.69 0.28 5.42 4.40 1.02 3.37
γ -Ge2SeTe 3.94 3.94 2.61 2.75 3.01 4.81 0.53 0.29 4.89 4.31 0.58 3.27
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result, the upper and lower layers of these structures expe-
rience different types of induced biaxial strains (i.e., the X
side undergoes a tensile strain, whereas the X ′ side is under
compressive strain). In the Ge2SSe structure, the atomic bond
lengths between Ge − S and Ge − Se pairs are 2.47 and 2.56
Å, respectively. For the Ge2STe monolayer, the Ge − S bond
length is 2.50 Å, whereas that of Ge − Te is 2.73 Å. In SL-
Ge2SeTe, the atomic bond lengths Ge − Se and Ge − Te are
calculated as 2.61 and 2.75 Å, respectively. As expected, the
bond length between two germanium atoms (Ge − Ge) in the
structures remains almost the same. In addition, the obtained
values of h for γ -Ge2SSe, γ -Ge2STe, and γ -Ge2SeTe struc-
tures are 4.63, 4.73, and 4.81 Å, respectively. Not surprisingly,
for fixed X, the h of the crystals thickens with increasing
atomic radius of X ′ atoms. According to Bader charge anal-
yses, the charge donation from Ge atoms to neighboring
chalcogens in binary crystals is symmetric and estimated to
be 0.69, 0.53, and 0.30 e− for γ -GeS, γ -GeSe, and γ -GeTe
monolayers, respectively. Charge transfer (�ρ) in structures
decreases while going down the chalcogen group associated
with the fact that �ρ depends on the electronegativity differ-
ence between Ge and X atoms. The same trend of �ρ between
Ge and X can also be found in the Janus monolayers; however,
the amount of transferred charge is different. All obtained
results of Bader analyses for both binary γ -GeX and ternaryγ -
Ge2XX ′ are summarized in Table I. The corresponding data
from charge analysis in Ge2SSe demonstrate that the charge
depletion from the upper (lower) Ge to S (Se) is 0.69 (0.52)
e−. In the SL-Ge2STe monolayer, 0.69 and 0.28 e− are do-
nated from adjacent Ge atoms to S and Te, respectively, which
results in a strong polarization in the z direction. Moreover,
0.53 and 0.29 e− charges are donated to Se and Te atoms from
neighboring Ge atoms, respectively. The covalent character
of the bonds between constituent atoms in binary and ternary
systems is also shown in Figs. 1(e) and 1(f), respectively. The
planar average of the electrostatic potential of the examined
systems is computed, and their variation along the z axis is
displayed in Fig. S1, Supplemental Material [53]. The work
function (	) can be calculated as 	 = EVac. – EFermi, where
EVac. is the energy level of a stationary electron in the vacuum
and EFermi is the Fermi energy of the corresponding crystal.
Since the bottom and top layers of binary γ -GeX structures
are formed by identical atoms, no potential difference can be
found between the two layers. Therefore both sides have the
same value of thermionic work function (	X = 	X ′). The ac-
quired values of 	X for γ -GeS, γ -GeSe, and γ -GeTe are 4.81,
4.55, and 4.26 eV, respectively, which are within the same
range as the reported value for α-GeS monolayer (4.65) [54].
On the other hand, the charge difference between the surfaces,
which originates from the different types of atoms on bound-
ary layers, affects the magnitude of the work function on each
side (	X �= 	X ′ ), as listed in Table I. It is noticed, in the
Janus structures, that the work function difference between
two layers (�	) is proportional to the magnitude of charge
difference between two sides. The cohesive energy per atom
(EC) of the examined structures can be computed using the
following relation:

EC = [2ET (Ge) + ET (X ) + ET (X ′)] − [ET (Ge2XX ′)]
4

, (1)

where ET (Ge), ET (X ), and ET (X′) are the single atom en-
ergies of Ge, X, and X ′ elements, respectively, ET (Ge2XX ′)
corresponds to the total energy of the crystal structures, and
the denominator is the total number of atoms (4) in the primi-
tive cell. It is worth noting that X and X ′ are the same in binary
monolayers. As presented in Table I, EC gradually decreases
as a enlarges, correlating with bond weakening in the systems,
which is attributable to the reduction in charge transfer be-
tween Ge and chalcogen atoms. The cohesive energies of the
examined monolayers are in the range of 3.14–3.68 eV/atom,
which is comparable with those of δ-GeS (3.61 eV/atom)
and δ-GeSe (3.37 eV/atom) [55]. Moreover, Table S1 (see
Supplemental Material [53]) includes a number of reported
cohesive energies for the α and β phases for comparison.

B. Dynamical stability

After unveiling the structural features, the dynamical sta-
bility of the suggested systems is analyzed by calculating
their phonon dispersion relations, and the corresponding
phonon band structures are illustrated in Fig. 2. In the anal-
ysis of phonon spectra, whenever an imaginary frequency is
present, the structure is dynamically unstable since there is no
restoring force against the displacement of atoms along the
particular eigenmode. In the considered systems, all phonon
modes possess positive frequency, indicating stability at low
temperatures. The transverse acoustic (TA) and the longitu-
dinal acoustic (LA) branches show linear dispersions near
the � point, whereas the out-of-plane flexural acoustic (ZA)
branch displays a quadratic relation, as the force constants
associated with the transverse vibrations decay rapidly in this
mode [56]. It can be observed from Fig. 2 that with increasing
the atomic weight of the chalcogen atom, the frequencies
of phonon modes (including the maximum vibrational fre-
quency, ωmax) in the entire frequency range gradually shrink
in both binary and ternary crystals. A detailed analysis of the
force constant matrices ascertains that the origin of vibrational
frequency narrowing is not only due to the increased mass of
the X or X ′ atoms but is also associated with the reduction
of bond strength among the atoms. Generally, the narrower
band dispersion of phonons in 2D systems leads to the sup-
pression of their group velocity. Additionally, in both γ -GeX
and γ -Ge2XX ′ structures, there are frequency ranges where
the acoustic and optical phonon modes overlap with each
other, which results in robust acoustic and optical scattering
and consequently, low thermal conductivity. To interpret the
phonon spectra, we also performed phonon density of states
(PhDOS) calculations, and the results are presented in Fig. S2,
Supplemental Material [53]. The PhDOS diagrams indicate
that the high-frequency phonon modes are attributed to the
vibrational of lighter elements in the systems, whereas the
movement of heavy atoms predominates the lower-frequency
phonon modes. As an example, in γ -Ge2STe monolayer,
low-frequency phonon modes are mainly characterized by
the vibrations of Te, midrange frequency is attributed largely
to Ge, and S atoms dominate high-frequency vibrations. In
phonon spectra of the examined systems, a gap is noticed
between lower- and higher-frequency optical phonon modes,
which is due to the mass difference and the binding strength
between the constituent atoms in the nanosheets.
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FIG. 2. Phonon dispersion spectra of γ -GeX and γ -Ge2XX ′ monolayers.

Associated with analyzing the phonon-band dispersions,
we studied the thermal properties of suggested crystals, since
understanding a material’s thermal behavior is essential for
applications in nanoscale devices at finite temperatures. Ac-
cordingly, thermal properties of the γ -GeX and γ -Ge2XX ′
monolayers are investigated in terms of isovolume heat ca-
pacity (CV ) as a function of temperature. CV refers to a
material’s ability to store heat for a given temperature range.
Figure 3 presents CV of γ -GeX and γ -Ge2XX ′ structures up
to 600 K, at which structural stability is still preserved. Our
results indicate that similar to bulk materials, all CV curves
increase rapidly in the low-temperature regime and approach
the classical Dulong-Petit limit of 3R, where R denotes the
universal gas constant. It can be noted that either at low
or room temperatures, CV moderately increases down the
chalcogen group (i.e., CV follows a sequence of γ -GeS < γ -

FIG. 3. The variation of isovolume heat capacity (CV ) for γ -GeX
and γ -Ge2XX ′ monolayers with temperature. The low-temperature
limit is displayed as inset.

Ge2SSe < γ -Ge2STe < γ -GeSe < γ -Ge2SeTe < γ -GeTe),
which is correlated with the shift of the optical vibrational
modes with chalcogen atoms [57]. In addition, as a general
feature of 2D materials, the rise of CV at low temperatures
is not linear; rather, the relation is more likely quadratic and
scales with T2/n (n > 0). Accordingly, for the studied systems,
n is estimated between the values of 1.02 and 1.30, with 1.02
for GeS and 1.30 for GeTe, respectively. As the frequency of
acoustic phonon modes (ω) near the � point scales with the
momentum (q) by ω= qn [58,59], the dispersion of phonon
frequency is found to be ω= q1.02−1.30. As mentioned, LA and
TA phonon modes change linearly with q (ω= q), whereas
ZA vibrational mode shows a parabolic dispersion(ω= q2).
This means that in γ -GeX and γ -Ge2XX ′ monolayers, the
main contribution to the CV arises from in-plane LA-TA
modes.

To further check the stability of the structures at elevated
temperatures, we performed AIMD simulations at 300 and
600 K for 10 ps. A 4 × 4 × 1 supercell was generated for
the examined nanosheets to remove the unit-cell size limi-
tations. Plotting the total energy variation allows us to track
the alternation of crystalline morphology, as the total en-
ergy of the monolayers is sensitive to any bond breaking
and bond formation. The variation of energy with respect to
the simulation time and the final snapshots of the resulting
geometries taken at 300 K and 600 K are shown in Fig. 4
and Fig. S3, Supplemental Material [53], respectively. Based
on the results of AIMD simulations, gradient values of total
energies fluctuate around a constant value. From the structural
point of view, aside from slight distortions, which are not
sufficient enough to break the bonds between the constituent
elements, the crystalline forms of the γ -GeX and γ -Ge2XX ′
are preserved even at elevated temperatures and confirm the
thermal stability. The thermal stability of the studied crystals
is critical for thermoelectric device applications, which often
operate at high temperatures.
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FIG. 4. The variation of total energy with respect to time at 300 K, with the snapshot of atomic configuration for each structure at the end
of the simulation illustrated as inset.

C. Vibrational properties

As vibrational properties and the corresponding Raman
spectra of the materials are closely related to their geometrical
structure, their analysis can be a useful tool for getting insight
into the physical features associated with lattice symmetries.
As mentioned above, the binary γ -GeX monolayers possess
D3d symmetry and a space group of P3m1 (No. 164). Ac-
cordingly, the nine optical phonon modes at the � point are
either nondegenerate or doubly degenerate. The group theory
analysis of binary systems reveals that the irreducible repre-
sentation for the optical phonon modes at the � point can
be expressed by �D3d = 2Eg + Eu + 2A1g + 1A2u, where Eg

and Eu phonon modes are attributed to the doubly degenerate
in-plane vibrations, whereas A1g and A2u modes represent
vibrations along the out-of-plane direction. Among the vibra-
tional modes, the Eg and A1g are Raman active (RA) since they
correspond to quadratic functions in the character table of D3d

symmetry, while Eu and A2u are infrared active (IRA) modes
as these modes correspond to the linear functions. Therefore
the vibrational mode analysis of γ -GeX monolayers should
reveal four peaks corresponding to the RA and two peaks for
IRA modes, respectively. In a Raman experiment, a beam of
light is focused onto the sample, and the scattered photons
are immediately collected. A dispersion of the intensity of the
shifted light with respect to the frequency shift results in a
Raman spectrum of the material. According to Raman theory,
Raman active vibrational modes are associated with inelas-
tically dispersed photons originating from the oscillation of

dipole moments of the crystal. The calculated Raman spectra
of binary γ -GeX crystals are illustrated in Fig. 5(a). To iden-
tify the origin of the Raman peaks, the atomic displacements
of the RA modes are annotated on each spectrum. By going
down the X atoms in the structures, the Raman spectra shift
toward lower frequencies, mainly due to the increased mass
and weakening of the bond strength of Ge and the X atoms.
For the γ -GeSe monolayer, the theoretical Raman spectra can
be compared with the results of experimental data. Lee et al.
demonstrated that the first and second A1g Raman peaks ap-
pear at frequencies of 90 and 257 cm−1, respectively, while in
our results they appear at 71 and 251 cm−1, respectively. In ad-
dition, the first and second Eg Raman peaks in the experiment
are observed at 67 and 164 cm−1, respectively. On the other
hand, calculated RA mode for Eg(1) and Eg(2) appear at 61
and 166 cm−1, respectively. The comparisons reveal that our
computed results are in good agreement with the experimental
findings on synthesized γ -GeSe [27]. The common vibra-
tional motion of optical phonon modes of the binary γ -GeX
structures is illustrated in Fig. 5(b). As shown in the figure, the
first optical phonon mode with the lowest energy is the same
for all structures and belongs to Eg representation. The first Eg

phonon mode [i.e., Eg(1)] arises from the in-plane symmetric
vibration of GeX pairs. The low-energy Eg mode is followed
by the A1g mode, which represents the out-of-plane vibration
of GeX pairs against each other while the vibration of heavier
atoms is more dominant. The Eg(2) mode corresponds to the
dominant opposite in-plane vibration of lighter elements in the
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FIG. 5. Calculated first-order Raman spectra [(a), (c)] and the corresponding atomic displacement of zone-centered vibrations [(b), (d)] of
binary γ -GeX and ternary γ -Ge2XX ′ structures, respectively.

structures. The Eu and A2u phonon modes correspond to the
asymmetric in-plane and out-of-plane vibrations of GeX pairs
against each other, respectively. The A1g(2) mode is attributed
to the vibrations of GeX sublayers in the opposite out-of-plane
direction, while the lighter elements in the systems contribute
the most to the vibration. Differing from the γ -GeX mono-
layers, Janus γ -Ge2XX ′ crystals exhibit additional Raman
active modes due to the broken inversion symmetry along the
z direction by replacing X layers with another chalcogenide
atom. According to our group theory analysis, the irreducible
representation of the optical phonon modes of the ternary
systems can be described by �C3v = 3A1 + 3E , where the E
modes correspond to the doubly degenerate in-plane displace-
ments, whereas the nondegenerate A1 modes are assigned to
the vibration of the atoms along the out-of-plane direction.
Both A1 and E vibrational modes are Raman active modes,
as they correspond to quadratic functions in the character
table of C3v symmetry. Therefore, theoretical Raman spectra
of the Janus γ -Ge2XX ′ structures should exhibit six typical
Raman peaks. The calculated Raman activity of the ternary
monolayers is depicted in Fig. 5(c), and the corresponding
atomic displacements of each peak in the Raman spectra are
labeled. Similar to binary structures, increasing the lattice
parameters of Janus monolayers results in a redshift of Raman
spectra. Our results indicate that the most intense Raman
peak belongs to the second E vibrational mode. The inten-
sity of Raman peaks is correlated with the contribution of
macroscopic dielectric constants of vibrational modes to the
Raman tensors. As two chalcogenide atoms are different in
Janus crystals, their vibrations are not symmetric with respect
to the plane that lies horizontally between two Ge atoms.
Figure 5(d) presents the atomic displacement of each Raman

peak in the γ -Ge2XX ′ monolayers. The first optical phonon
mode with the lowest frequency belongs to E representation.
In this mode, the GeX pair vibrates in the opposite in-plane
direction of the GeX ′ pair. The first E mode is followed by the
A1 mode, and in this mode, the GeX and GeX ′ pairs move in
opposite out-of-plane direction. The character of the second
E mode reveals that the Ge and X ′ atomic planes move in
the opposite in-plane direction, while the vibration of the GeX
pair is weak and can be ignored. On the other hand, the third E
mode corresponds to the dominant opposite in-plane vibration
of Ge and X atoms. The vibrational motion of the second A1

mode arises from the out-of-plane vibrations of the Ge and
X ′ pair along the z axis, whereas the third A1 mode is mainly
originated from the vibration of Ge and X in the out-of-plane
direction. Our results on the Raman spectra of γ -GeX and γ -
Ge2XX ′ monolayers can be used as guidelines for an effective
characterization of synthesized compounds.

D. Mechanical properties

After revealing the dynamical and thermal stability of
binary γ -GeX and ternary γ -Ge2XX ′ structures, the elastic
strain tensors (Ci j) are calculated to evaluate their elastic sta-
bility and explore the mechanical properties of the crystals
using the stress theorem [60,61]. As listed in Table II, the
values of Ci j are found to be positive for studied nanosheets,
and these values satisfy the Born and Huang criteria [62,63]
[C11 >| C12 | and C66 = (C11 − C12)/2 > 0] for a 2D hexag-
onal lattice, verifying the elastic stability. The mechanical
response of the homogeneous 2D materials within the elas-
tic regime can be investigated in terms of in-plane stiffness
(Y2D) and Poisson’s ratio (ν). For a discussion on a material’s
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TABLE II. For monolayers of γ -GeX and γ -Ge2XX ′, energy band gaps at the level of GGA-PBE, EPBE
g ; GGA-PBE + SOC, EPBE−SOC

g ;
HSE06 + SOC, EHSE−SOC

g ; the locations of VBM and CBM edges in the BZ; relaxed-ion elastic coefficients Ci j , in-plane stiffness Y2D, and
Poisson’s ratio ν, piezoelectric stress coefficients ei j , and the corresponding piezoelectric strain coefficients di j .

EPBE
g EPBE−SOC

g EHSE−SOC
g VBM/CBM C11=C22 C12 Y2D ν e11 e31 d11 d31

Structure (eV) (eV) (eV) (−) (N/m) (N/m) (N/m) (−) (pC/m) (pC/m) (pm/V) (pm/V)

γ -GeS 0.72 0.72 1.12 K-�/� 81.56 26.03 73.25 0.32 0.60 0.02 1.08×10−2 0.18×10−3

γ -GeSe 0.54 0.53 0.94 K-�/� 76.56 20.25 71.20 0.26 0.58 0.14 1.03 × 10−2 1.44×10−3

γ -GeTe 0.54 0.52 0.87 K-�/� 69.44 13.49 66.81 0.19 0.44 0.32 0.78 × 10−2 3.85 × 10−3

γ -Ge2SSe 0.73 0.70 1.11 K-�/� 78.91 23.36 72.00 0.30 320 16 5.76 0.15
γ -Ge2STe 0.85 0.79 1.16 K-�/M 72.55 21.01 66.46 0.29 683 30 13.25 0.32
γ -Ge2SeTe 0.75 0.72 1.07 K-�/M 71.91 17.31 67.74 0.24 396 17 7.25 0.19

resistance to distortion under mechanical load, these two
terms are crucial to be determined. Y2D is defined as a measure
of the rigidity or flexibility of a material and depends on
both the crystalline structure and the bonding nature between
constituent atoms. Based on the obtained values of Ci j , Y2D

of the 2D hexagonal systems are calculated using the expres-
sion Y2D = (C2

11 − C2
12)/C11, and the results are summarized

in Table II. The computed Y2D are isotropic and vary in the
range of 66.46–73.25 N/m, which is smaller than the reported
values of binary MoX2 and Janus MoXX ′ monolayers, in-
dicating the elastic character of GeX and Ge2XX ′ crystals
[64]. In addition, the variation of Y2D as a function of a is
shown in Fig. 6(a). An overall decline in the values of Y2D is
observed as a increases. It can be attributed to the weakening
of the bond between the atoms as EC also follows a similar

FIG. 6. (a) The variation of in-plane stiffness (Y2D) and (b) Pois-
son’s ratio (ν) as a function of lattice constant for γ -GeX and
γ -Ge2XX ′ monolayers.

pattern. The decreasing trend reveals that as the Y2D decreases,
the corresponding restoring forces in the monolayers become
more effective in a shorter range of applied force. Next, we
analyzed the Poisson’s ratio (ν) of the suggested systems. ν

is an intrinsic mechanical property of a material and can be
described as the negative transverse contraction strain divided
by longitudinal extension strain. Based on Ci j , ν is determined
by using the relation ν = C12/C11, and the computed results
are listed in Table II. The values of ν for γ -GeS, γ -GeSe,
and γ -GeTe monolayers are 0.32, 0.26, and 0.19, respectively,
which agree with the literature [29]. For Janus crystals, ν dis-
plays small changes from γ -Ge2SSe to γ -Ge2SeTe (0.30 for
γ -Ge2SSe, 0.29 for γ -Ge2STe, and 0.24 for γ -Ge2SeTe), and
when compared to their binary counterparts, ν of γ -Ge2XX ′
lies between γ -GeX and γ -GeX ′. Similar to Y2D, ν also de-
creases by increasing a (elongation of bond length), as it is
shown in Fig. 6(b). In addition, according to the Christensen
criterion, the threshold for the ductile/brittle transition in the
materials is ν ≈ 2/7 [65]. Therefore the monolayers with
larger ν > 2/7 can be considered ductile, and those with a
lower value of 2/7 possess a brittle character. Accordingly,
γ -GeSe, γ -GeTe, and Janus γ -Ge2SeTe nanosheets possess a
brittle nature.

E. Electronic properties

Next, the electronic properties of the γ -GeX and γ -
Ge2XX ′ monolayers are investigated. The electronic band
structures and the orbital projected density of states (PDOS)
are presented in Fig. 7 and Fig. S4, Supplemental Material
[53], respectively. Initially, electronic band structures are cal-
culated at the level of GGA-PBE. Then, to analyze the band
splitting near the energy band gap, the SOC effect is employed
on top of PBE. The acquired results are summarized in Ta-
ble II. Our calculations indicate that the inclusion of SOC
slightly reduces the band gaps (except for GeS). The size of
band-gap reduction (EPBE

g - EPBE−SOC
g ) in γ -Ge2SSe and γ -

Ge2SeTe monolayers is smaller than the γ -Ge2STe nanosheet,
which is due to the difference in size between the X and
X ′ elements. HSE06 + SOC calculations yield similar band
profiles but wider band gaps (EHSE−SOC

g ). It is found that all
studied systems are semiconductors with indirect band gaps.
EHSE−SOC

g is between 0.87 to 1.16 eV and spans a short range
in the infrared part of the optical spectrum. It has been shown
that materials with small band gaps are excellent candidates
for applications in infrared-sensing devices [66,67]. In all
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FIG. 7. The electronic band structures calculated at the level of GGA-PBE + SOC (red solid lines) and HSE06 + SOC (dashed blue lines),
respectively. The fundamental band gaps are highlighted in yellow. The Fermi level is set to zero.

structures, the valence-band maxima (VBM) have a Mexican-
hat dispersion that results in 1D van Hove singularity [26,68],
offering remarkable electronic thermal transport properties.
Moreover, the E -k curve of the bottom of the conduction-
band minimum (CBM) has a parabolic dispersion with the
minimum energy at � point in binary monolayers and Janus
γ -Ge2SSe, while in γ -Ge2STe and γ -Ge2SeTe crystals, the
minimum energy is at the M point. We further analyzed the
results of orbital PDOS to understand the characteristics of
band edges. It is found that the VBM is mainly contributed
from the Ge-s and X-p orbitals, while the electronic states near
the CBM mainly belong to the p orbitals of Ge and X atoms.
In ternary systems, VBM is mainly composed of Ge-s, X ′-p,
and X-p orbitals, whereas the CBM states are dominated by
the p orbitals of Ge atoms.

F. Piezoelectric properties

The piezoelectric effect is the ability of generating an elec-
tric dipole moment as a response to the applied external stress
(or vice versa) in noncentrosymmetric crystals. Piezoelec-
tricity is a result of the electromechanical interaction, which
is typically characterized by piezoelectric coefficients, i.e.,
piezoelectric stress tensors and piezoelectric strain tensors.
Previous experimental observations and theoretical studies
have demonstrated the improvement of piezoelectric constants
in 2D materials compared to their three-dimensional (3D)
counterparts [69]. The piezoelectric stress tensor, ei jk , can be
described as the coupling between electrical polarization (Pi)
and strain tensor (ε jk). ei jk is formulated as follows:

ei jk = ∂Pi

∂ε jk
, (2)

where i, j, and k indices correspond to the x, y, and z directions,
respectively. In the 2D limit, ei j must be renormalized by the
length of the unit cell along the z axis, i.e., e2D

i j = z × e3D
i j .

The e2D
i j can be obtained by the summation of electronic eel

i j

and ionic eion
i j contributions:

ei j = eel
i j + eion

i j . (3)

The values of ei j are determined using the DFPT method, and
the piezoelectric strain tensors di j are related to ei j and elastic
constants Ci j via the following formula:

ei j = dikCk j . (4)

The number of nonzero and unique piezoelectric tensors
(ei j and di j) is restricted by the symmetry of structures. For
γ -GeX monolayers with D3d symmetry, due to the inver-
sion symmetry (the structures possess centrosymmetry), the
piezoelectric constants are expected to be very small and can
be neglected. For the Janus nanosheets with C3v point-group
symmetry, the nonzero elements of piezoelectric coefficients
are e11 and d11, as well as e31 and d31 for in-plane and out-of-
plane piezoelectricity, respectively. The Voigt notation of the
examined monolayers can be defined as

e =
⎛
⎝

e11 −e11 0
0 0 −e11

e31 e31 0

⎞
⎠, d =

⎛
⎝

d11 −d11 0
0 0 −2d11

d31 d31 0

⎞
⎠.

The relations between these quantities and elastic constants
are given by [35,69,70]

d11 = e11

c11 − c12
, d31 = e31

c11 + c12
. (5)

The calculated piezoelectric coefficients are listed in Ta-
ble II. As can be seen, in the case of γ -GeX monolayers,
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the values of e11 are found to be 0.6, 0.58, and 0.44 pC/m
for γ -GeS, γ -GeSe, and γ -GeTe, respectively, which are no-
ticeably small as compared to α-GeS monolayer (460 pC/m)
[71]. The corresponding piezoelectric strain constants, d11,
are also negligibly small compared to the α-GeS monolayer.
In addition, the out-of-plane piezoelectric tensors (e31 and
d31) are calculated, and the obtained results are found to be
comparable to those of e11 and d11. By going from binary to
ternary, due to the broken in-plane and out-of-plane symme-
tries, the piezoelectric coefficients are considerably enhanced.
The e11 coefficients of Janus are calculated to be 320, 683,
and 396 pC/m for γ -Ge2SSe, γ -Ge2STe, and γ -Ge2SeTe, re-
spectively, and the corresponding d11 tensors are 5.76, 13.25,
and 7.25 pm/V. The obtained values of d11 are larger than
those reported for XMoY and XWY Janus crystals [35]. For
2D ultrathin materials, large out-of-plane piezoelectricity is
desirable for a variety of applications in electromechanical
devices. The d31 coefficients are estimated to be 0.15, 0.32,
and 0.19 pm/V for γ -Ge2SSe, γ -Ge2STe, and γ -Ge2SeTe, re-
spectively, which follow a trend similar to the reported values
for Janus XGa2X ′ monolayers [72]. These Janus monolayers
with large piezoelectric responses represent a new class of 2D
materials for a wide range of nanoscale piezoelectric applica-
tions, such as ultrasensitive mechanical detectors. In addition,
we provided Table S2 in the Supplemental Material [53] to
highlight and improve comparisons between the results of this
study and other well-known 2D systems.

IV. CONCLUSION

In this paper, structural, vibrational, mechanical, elec-
tronic, and piezoelectric properties of single layers of γ -GeX
and Janus γ -Ge2XX ′ were investigated via ab initio cal-
culations. The phonon-band dispersion, ab initio molecular
dynamics simulations, and elastic tensor analysis verified the
suggested monolayers’ structural, dynamical, and mechanical
stability. The heat capacity (CV ) of binary γ -GeX and ternary

γ -Ge2XX ′ systems is mainly contributed by in-plane LA-
TA acoustic modes at a low-temperature regime, and as the
temperature rises, it approaches the classical limit. Raman
spectrum analysis showed that γ -GeX monolayers possess
four Raman peaks, whereas Janus γ -Ge2XX ′ structures ex-
hibit additional six Raman-active modes stemming from the
broken inversion symmetry. The mechanical response of the
structures was found to be isotropic, and the computed re-
sults of in-plane stiffness (Y2D) range from 66.46 to 73.25
N/m, indicating that the considered nanosheets are flexible.
The estimated values of Poisson’s ratio (ν) of Janus γ -
Ge2XX ′ monolayers lies between binary γ -GeX and γ -GeX ′
structures. It is also found that all examined systems are
indirect-gap semiconductors with the Mexican hat dispersion
in the valence band. The calculated band gaps at the level of
HSE06+SOC are between 0.87 and 1.16 eV, which covers
a part of infrared range of the optical spectrum. In addition,
the piezoelectric coefficients were computed, and in-plane and
out-of-plane piezoelectricity enhancement has been observed
in Janus crystals. Our study reveals that binary γ -GeX and
ternary γ -Ge2XX ′ monolayers are stable materials with in-
triguing mechanical and electronic properties that make them
suitable materials for diverse applications.
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